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a _ b `ba ]dcfe#C:I�UDg@cLhOP#CFI�ebUFc�iJ]�MHW

max(a, b)
C^PRijVbcL]RMOCFkSGjKlU a MOm�no?

pJqNr�sutbv�q1w#x:y Z
[P (n) :] n = max(a, b) =⇒ (a = n ∧ b = n)

z|{ xF}O~Nv'�o��w�~�~ {@�b�@�����

• P (0) : 0 = max(a, b) =⇒ a = 0 ∧ b = 0 _ BFgOC ` UFnHm�k

• P (n) =⇒ P (n + 1)
� a BD�DhHGJ]R�8G�ILnHUFc

n = max(a, b)
?��Sg@IL�HC a PRG

a′ = a − 1 _ b′ = b − 1
?

� gHC ` UFnOm�k _ max(a′, b′) = n − 1
?

� gO�1]bcLP#C1BDC:cLm�nNMOUFkQMN�1n�GuBFUoV#W�VbcfeRY a BD�FhOGJ]R�:Z
a′ = n − 1 ∧ b′ = n − 1

?
� gO�1]bcLP#C1BDC:cLm�nNMOUFk�MHCDn|CFg@cL]#PR�8MOW�n

a′ _ b′
BFgOCDe#�HB1MOG�c

a = n∧ b = n _ C#?�GO?�E1?

� CF�8G�ILnOU:cdMOC^�1�FhOCFk|]�MO�1n|BDUFgHU1BD�FnHW�U1BD�FEHGJcLKO�:�

�F?��|c�] a P:�oCD�1CDUDe#CD�1C a h@ILGJk�PRG�cL]bCDgHgHC1Bo�1P#ijnHGJkXBDUFgHGjnHhHij]bG�cLk�P:BDCFgOCF��n�nOUQCFgHcL]RMOCF��n
P#GSEO��C�MOgH�1BDC a kHZ

� ILU�] a P��oCo�1CF]#G�cLgH�
w ∈ {(, )}∗

GJILnHU:c�cL]#CFgOgHCoBo�1PRiJnN�^UDnHn1Z
� U:� >N�

w
iJ�RG�c�IL]#C^Bo��Y1hHCFkS� ��� e#U:cd�u� �

[1��e#�FhOG�BDgH�DhHGJPRU�MN�1k
w

iJ�RG�cbMOC a �1�F�#cL]�MOCFn<MO�D]bU�� ��� �D]bU��u� �
� �D� >N���

ε
G�ILnHUFc�cL]bCDgHgHC1Bo�1P#ijnO�

[1� UDn��
w

GJILnHU:c�cL]#CFgOgHCoBo�1PRiJnN� _ MO�1MHG�G�ILnHUFc�e#UFcd�
(w)

�1� UDn�C:c
w _ x

cL]#CFgOgHC1BD�1PRiJnOGJkSMH�1MOG�G�ILnOU:c�e#U:cd�
wx

¡ �-MHI¢BDCoMOGQ�o���1C�EHGJn�G�ILnHUFc�cL]bCDgHgHC1Bo�1P#ijnO��] a P:�oCo�1CF]#G�cLgH�
A�BDCFEHGJILKNMOG|P#G|GTBDUoVbWXVRY8�oMHc�C:c�CFgHcL]bPRC:I � U:�£e#U:c � �D��CDg@IL�HC a n�MN�1n¤ILE@cLU eR�1�F]R�

] a P:�oCD�1CD]bGJcLgHm�no?

¡ ?�¥8G�ILKNMOG��oMHcoMOC|UDe#�D�1C a hHC<G�ILnHUFcFP#ILU�]#�RiJ]#�QcL]bCDE a nOUFP#ILUFk�e#U:cDEHm�]RMOG¦MHcLk=eR�1�F]#G�cLk
cL]bCDE a nHUDP#ILUFkHZ
R

G�ILnOU:c=P#ILU§]#�RiJ]R�¨PRG�UFnOhHgOmXBDC a k�CFgHcL]bPRiJnN�©PRG
p R q

UDnHnªC:c
p

e#U:c
q

iJ�RC a n
VbGjnHnO�1hOG�IbMN�1n¤ILE@cLU-m�gOU8MN�1k<ILE@cLUDk|P#ijgHUFkQMOC a ILEHcLC a iTMOC a kH?

«F?£¬£gHGJI¢MHGQMOC�PRGTMOUo�oU1MHcfeb�^e#�1GJIL]dcLPRC _ MOC�UFnOUDeR�1UF]�MHcfe#�-e#U:c�PRGTMOUo�oUoMHcfe#�-eR�1G�IL]bcLPRC
ebUFcbMOC-] a P#PRGTMOgHcfeb�^e#�1GJIL]dcLPRC^MN�1k|]b�RiJ]R�1k

{(a, b), (b, c), (c, d), (f, d)}

­F?�A�BDCFEHGJILKNMOGQ�oMHcbMOC-]#��nHCo�1C��D�1W�n�MOW�n<UDe#GJgHUFILW�n�G�ILnOU:c�UFgHcLhHP�Y1]bcLP#U �1BDG�cLgHCR?

® ?SA�BDCFEOG�ILKNMOG<�oMHc�MOCª]#��nHCD�1Cª�o�1W�nlMOW�n¤E@cLU1MHGuMHUoV#P#ijnHW�n8�HG a V#m�n¤UoBD� `da ]bcfe#CF��k
UFg@cLhOPRCF��k<G�ILnHUFc�UFg@cLhOP�Y1]dcLPRU �oBDG�cLgOC#?


